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$\mathbb{C}^{n}$ . $\Omega$ $L^{2}$
$A^{2}(\Omega)=\mathcal{O}(\Omega)\cap L^{2}(\Omega)$ . $A^{2}(\Omega)$ $\{f_{j}\}_{j}^{\infty}=1$
$B_{\Omega}(z)= \sum_{j=1}^{\infty}|f_{j}(z)|^{2}$
$\Omega$ . $\Omega$ $(B_{\Omega}$
). $\Omega$ $L^{2}$




$A^{2}(\partial\Omega, d\sigma)=L^{2}(\partial\Omega, d\sigma)\cap \mathcal{O}(\Omega)$ ( $L^{2}$ )
$\{gj\}_{j}^{\infty}=1$
$S_{\Omega}(z)= \sum_{j=1}^{\infty}|g_{j}(z)|^{2}$





( ) . $\Omega=\{|z|^{2}<1\}$
$B_{\Omega}(z)=c_{n}(1-|z|^{2})^{-n-1}$ , $S_{\Omega}(z)=c_{n}’(1-|z|^{2})^{-n}$ ,
. $d\sigma$ . $c_{n}^{-1}$ , $c_{n}^{J-1}$
.





$\psi,$ $\varphi’,$ $\psi’\in C^{\infty}(\overline{\Omega})$ ( $C^{\infty}$ ) , $\varphi$ $\varphi$’
. .
.
Ramadanov I [Rl. $\psi$
.
.
. $\Omega,$ $\Omega$ $p\in\partial\Omega\cap\partial\Omega$’
$B_{\Omega}(z)-B_{\Omega’}(z)$ $p$
$C^{\infty}$ .
. . $(n, n)-$
. ,
( $\partial\Omega$ sherical ) .
Burns-Shnider sperical
:
$\{(z,$ $w)\in \mathbb{C}^{2}|$ sin log $|z|+|w|^{2}<0,$ $e^{-\pi}<|z|<1\}$
Ramadanov . .
Ramadanov II. $\psi$ sperical
.
Ramadanov . $n=2$ Graham ( D.
Burns ) . ,
Englis-Zhang .






IIS. $(\partial\Omega, d\sigma)$ $\psi$ ’ $\partial\Omega$ sperical
.
$\psi’$ $d\sigma$ , $d\sigma$ . Fefferman [F]
. $n>2$ Levi pseudo-Einstein
.
IIIS. $(\partial\Omega, d\sigma)$ $\psi’$ $\partial\Omega$ sperical , $d\sigma$
.
$n=2$ $\partial\Omega$ transversal symmetry [Hl]
. $n=2$ ([Hl] ). $n\geq 3$
Englis-Zhang .
3 Ramadanov
Englis-Zhang [EZ] Ramadanov .
Riemann-Roch
.
$\pi:Larrow X$ $n-1$ $X$ . $L$
$(L^{*}, h)$ ( $L^{*}$ ),
$\Omega=\{v\in L^{*}:|v|_{h}<1\}$
. $\Omega$ $\rho(v)=-\log|v|_{h}$
. $\partial\Omega$ $\theta=-i(\partial-\overline{\partial})\rho$ , $\theta\wedge d\theta^{n-1}$ . $S_{\Omega}(v)$
. $\rho$ $S_{\Omega}(v)$ $S^{1}$ - ( )
Fefferman
$S_{\Omega}(v) \sim\sum_{j=0}^{n-1}a_{j}(x)j^{-n}+\sum_{j=n}^{\infty}a_{j}(x)p^{;}\log\rho$ $\rhoarrow+0$
. $x=\pi(v)$ $a_{j}(x)$ $X$ $C^{\infty}$ .
$a_{j}$ , $L$ $m$ $mL$ . $mL$
$H^{0}(X, mL)$ $L$ $d\theta$ $\omega$




. $B_{7\eta}$ $S_{\Omega}$ ,
$B_{m}(x)$ $marrow\infty$
$B_{?\gamma\iota}(x) \sim m^{n}\sum_{j=0}^{\infty}b_{j}(’\iota\cdot)m^{-j}$
([Z]). $b_{j}$ $a_{j}$ . $b_{j}$ $(X, \omega)$
, $R$ .
, . $\int_{X}B_{m}(x)\omega^{n}=d_{m}$ ,
$m$ $d_{m}$
$d_{m}=c \int_{X}\det(\frac{R}{1-e^{R}})\wedge e^{mv}$
$m$ ( ) .
$\int_{X}a_{j}\omega^{n}=0$ , $j\geq n$ ,
.
$(X, \omega)$ , $L^{*}$ $\partial\Omega$
. $\rho$ , $aj$ $\partial\Omega$
.
$a_{j}=0$ , $j\geq n$ ,
$S_{\Omega}(v)$ . Englis-Zhang $X$
, $a_{j}$ .
$X=U(l)/U(k)\cross U(l-k)$ , $1\leq k\leq l-k$ ,
. $L$ $L$
. $L^{*}$ $\Omega$ . $(L^{*}$ $\partial\Omega$
CR . ) $k=1$ $\Omega$ $0$
. $\partial\Omega$ spherical . $k>1$ $\partial\Omega$ spherical
Burns-Shnider spherical CR $\partial\Omega$
. Ramadanov








$(n, n)$ - $b_{j}$ . $L^{*}arrow X$
$e_{0}$ , $\phi(x)=|e_{0}$ (x)ll $\omega=-i\partial\overline{\partial}\phi(x)=ig_{\alpha\overline{(3}}dz^{a}\wedge d\overline{z}^{\beta}$
. $X$ $(z^{1}, \ldots, z^{n-1})$
$\omega_{0}=i\sum_{j=1}^{n-1}dz^{j}\wedge d\overline{z}^{j}$


















: $S$ $\theta\wedge(d\theta)^{n-1}$ $e^{-z^{0}-\overline{z}^{0}}\theta\wedge(d\theta)^{n-1}$
$\tilde{S}$ $e^{z^{0}+\overline{z}^{0}}S$ .
$B=-\partial_{z^{0}}e^{z^{0}+\overline{z}^{0}}S$




2 Ramadanov 3 CR
. . [H2] .
Fefferman Monge-Ampere
. $\Omega$ $\Omega$
$(-1)^{n}\det(\begin{array}{ll}u \partial u\overline{\partial}u \partial\overline{\partial}u\end{array})=1$
. $u$ Cheng-Yau ;
$\Omega$ $-i\partial\overline{\partial}\log u$ .









$B(z)-c_{n}u(z)^{-n-1}=\{\begin{array}{ll}O(\rho^{-n+1}) n\geq 3O(\rho\log\rho) n=2\end{array}$
.
; Moser . $\mathbb{C}^{n}$ $M$ $p$
$p=0$ $M$
$z^{0}+\overline{z}^{n}-|z’|^{2}+h(z’, \overline{z}’, {\rm Im} z^{n})=0$ , $h=O(|z|^{3})$ ,
$z’=$ $(z^{1}, \ldots , z^{n-1})$ , . $h$
. $n\geq 3$ $h=O(|z’|^{4})$
$h= \sum_{1}^{n-1}A_{ij\overline{kl}}z^{i}z^{j}\overline{z}^{k}\overline{z}^{l}+O(|z|^{5})i,j,kl=1$
$A_{2,2}=(A_{ij\overline{kl}})$ . $A_{2,2}$
$M$ spherical . $n=2$ $h=O(|z’|^{6})$
$h=2{\rm Re}(A_{2,4}(z^{1})^{2}(\overline{z^{1}})^{4})+O(|z|^{7})$
149
. $A_{2,4}$ $\mathfrak{h}l$ spherical .
$B(z)-c_{n}u(z)^{-n-1}=\{\begin{array}{ll}c_{n}’\Vert A_{2,2}\Vert^{2}\rho^{-n+1}+O(\rho^{-n+2}) n\geq 3c_{2}’|A_{24,)}|^{2}\rho\log\rho+O(\rho^{2}\log\rho) n=2\end{array}$
. $c_{n}$ $0$ . spherical
. $n=2$ Ramadanov (
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